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Aircraft landing and takeoff performance monitoring is an area of research aimed at improving the information
availableto the pilot fordecisionmakingduring takeoffor landing.A system capableof instantaneouslydetermining
the stopping distance of an aircraft could form an integral componentof a monitoring system. Particularly dif� cult
to quantify is the frictional coef� cient between the runway and the aircraft tires, should such a measurement be
necessary. In secluded far-northern regions, where a monitoring system would be particularly useful given adverse
weather, few airports are equipped to attempt frictional measurements. In such instances a monitoring system
would need to be totally self-contained and able to determine aircraft ground speed, acceleration, and position
relative to the end of the runway. Prediction of the aircraft’s location at rest is then possible. It is proposed that the
Global PositioningSystem (GPS) be used to determine aircraft acceleration, ground speed, and position relative to
the end of the runway. A practical evaluation of the feasibility of this proposal showed clear superiority of a GPS-
derived acceleration over a more traditional method employing accelerometers. Advantages of the GPS-derived
measurement include a modest noise level, insusceptibility to gravity and temperature-in� uenced variations, and
far simpli� ed mounting criteria.

Nomenclature
a = instantaneousmagnitude of deceleration of a vehicle
ax = component of vehicular acceleration in the x direction
a¤ = raw measurement from an accelerometer
dt = discrete time step in a Kalman � lter
gx = component of gravity in the x direction
s = instantaneous required stopping distance of a vehicle
V1 = critical engine failure recognition speed for an aircraft
v = instantaneous forward speed of a vehicle
vk = measurement noise in a Kalman � lter
wk = process noise in a Kalman � lter
x = one-dimensionalposition of a vehicle measured with

respect to a datum
yk = measured speed of a vehicle derived from a GPS receiver
1a = deceleration uncertainty
1s = stopping distance uncertainty
1v = speed uncertainty

Aircraft Landing and Takeoff
Performance Monitoring

U NLIKE instrument landing systems (ILS), which rely on pre-
cise positioning to guide the aircraft to touchdown, landing

and takeoff performance monitoring systems are aimed at averting
runway overrun. In northern regions this has been identi� ed1 as a
common problem. Typical causes of runway overrun include en-
gine failure on takeoff and reduced braking resulting from runway
contamination.

The critical engine failure recognition speed V1 is de� ned as the
speed above which takeoff could continue safely if the most critical
engine failed.2 V1 is often calculated prior to startup based on air-
craft parameters and estimation of runway and weather conditions.
Choosing a throttle setting to reach V1 is a more complicated mat-
ter. If a low-throttle setting is chosen, takeoff rejection initiated at
a speed slightly below V1 can result in runway overrun. If a high-
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power setting is chosen, other problems arise. Engine life depends
largelyon its peakpowersetting.As well, the likelihoodof an engine
failure on takeoff increases with increased power setting.

Operators often use the so-calledbalanced � eld concept to calcu-
late the lowest possiblepower settingfor use during takeoff.Then, at
speeds below V1 there is always enough runway remaining to abort
takeoff.Once V1 is reached, the aircraft could safely takeoff even in
the event of the failure of one engine.With this in mind, V1 becomes
a “decision” speed. Figure 1 shows this scenario with a takeoff re-
jection initiated at a decision speed of 80 m/s on a 2400-m runway.

Performance monitoring systems3 that provide similar informa-
tion are currently in existence for use during takeoff but are seldom
used. In such systems the pilot is required to provide runway length
information as well as runway frictional coef� cient data based on
measurements provided by ground-basedobservers.

A similar system for use duringapproachand landing is currently
unavailablebecauseof the inabilityfor the pilotto provideremaining
runway length. It is proposed that runway length information be
measuredindependentlyby way of precisepositioningfroma global
positioning system (GPS) receiver. With this innovation the same
observer system could be used for both takeoff and landing.

Far-Northern Environment
The runway overrun problem is further aggravated in inclement

weather where runway surfaces are contaminated by water or ice.
Far-northernregions experiencethis sort of climate over six months
of the year. Further, as such regions are relatively less popu-
lated, facilities may receive infrequent maintenance. These factors
contribute to the dif� culty that pilots experience.

Many airports in far-northern regions are gravel surfaced. The
behavior of a gravel runway can be unpredictable, especially when
temperatures are near the freezing point. Measurements of runway
friction attempted in such conditionswould be relativelyunreliable.

The availability of radio navigation systems in far-northern re-
gionsis alsoan issue.Althoughsuch facilitiesexist, they are sparsely
distributedand tend to service the airports of major populationcen-
tres. Air carriers that service airports in support of mining and
forestry are less likely to have reliable access to radio navigation
facilities. The GPS has provided some relief to this problem.

GPS
The GPS is a satellite navigation system that provides a means

of calculating time, position, and velocity data using coded signals,
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Fig. 1 “Balanced � eld concept” is used to determine the maximum
speed at which a takeoff can be safely aborted.

which can be processedusing a receiver.4 A minimum of four satel-
lite signals are used to compute three-dimensionalpositions.A GPS
receiverderivespositioninformationby measuringthe time required
for a signal to be transmitted from a satellitewith a known position.
There are several sources of inaccuracy in this process including
receiver noise, tropospheric delay, multipath error, satellite clock
errors, orbit errors, and ionospheric delay. Until 1 May 2000 the
U.S. Department of Defense injected intentionalsignal degradation
or selective availability (SA) for security reasons. At the time of
this investigation,SA was by far the largest contribution to position
error, on the order of 100 m. However, this error can be described
as a slow wandering bias error. The resulting velocity error from
time differentiation was less than 1 m/s. Further, the velocity error
changedslowly resulting in a virtuallynegligible accelerationerror.
The other, smaller errors were unavoidable, but most represented
relatively steady bias errors. With the exception of receiver noise
and multipath, these errors were highly repeatable when consider-
ing time intervals of less than 1 s.

Acceleration from GPS
The notion of acquiringa measurementof accelerationfrom GPS

is not new. When compared to the measurement obtained from an
accelerometer, a GPS-derived measurement of acceleration can be
used to determine the gravity vector. This technique has been used
in airborne gravimetry to determine the gravitational constant with
accuracies5 on the order of 10 5 m/s2, but requires a substantial
amount of data to � lter out vibrationaldisturbances.More recently,
it has been proposed that a GPS-derived measurement of acceler-
ation together with an accelerometer could yield a representation
of the gravity vector6 to be used as an attitude reference. Such an
applicationwould require a real-time GPS-derived measurementof
acceleration if used on vehicles with rapidly changing attitude.

Althoughaccelerometershavebeenhistoricallyused to determine
aircraft acceleration, it is impossible to remove the signi� cant and
adverse in� uence of the gravity vector without additional instru-
mentation to accurately measure aircraft attitude. Accelerometers
do not respond only to acceleration, but rather the force per unit
mass on an element of known mass. With reference to Fig. 2,

a¤ D ax C gx (1)

From the foregoing,it can be shown that for small angles the gravity
vector introduces an error of 0.171 m/s2 per degree of inclination.
This problem is avoided through the use of a GPS-derived mea-
surement. This is an especiallyappropriatechoice given the need to
locate the aircraft with respect to the end of the runway, an applica-
tion in which GPS is well employed.

In aircraft landing and takeoff performance monitoring the de-
sired acceleration measurement should re� ect the overall vehicular

Fig. 2 “Accelerometer gravity error”
results from the accelerometer measuring
a component of the gravity vector that
cannot be determined without an accu-
rate measurement of the sensor inclina-
tion with respect to horizontal.

accelerationas opposedto vibrationof subcomponents.Accelerom-
eters are well suited to measurement of vibration, where the in� u-
ence of gravity need not be removed from the measurement, but
a GPS-based measurement is clearly superior in stable, piecewise
constant vehicular acceleration.

By virtue of the natureof the GPS signal, an accurateacceleration
measurement can be obtained with the use of a single GPS receiver.
As a result, a performancemonitoring system could be designed in
the absence of differential corrections,which may be unavailablein
far-northernregionswhere performancemonitoring is most needed.
This application of GPS without differential corrections appears to
be novel.

Required Accuracy
The level of uncertainty in a GPS-derived measurement of accel-

eration dependson the type of � lter used to remove noise caused by
differentiation. In any case the amount of error will not depend on
the magnitude of the instantaneoussignal. Rather, the standard de-
viation of noise should dependprimarily on the number of satellites
in view.

The equation governing instantaneous stopping distance of a
vehicle is quite simple:

s D v2=2a (2)

Uncertainty analysis provides

1s D 1v
@s

@v
C 1a

@s

@a
(3)

D 1v
v

a
1a

v2

2a2
(4)

Rearranging Eq. (2) to solve for deceleration, substituting into
Eq. (4), and solving for deceleration uncertainty gives

1a D 1v.v=s/ 1s.v2=2s2/ (5)

Instanceswhere decelerationuncertaintyhas the most impact occur
when the forward speed is high and when the rearward acceleration
is low. To establish an acceptable level of uncertainty in the mea-
surement of deceleration, consider a modest V1 on a long runway.
Runways are seldom longer than 4000 m. Over half of the length of
the runwaywouldbe requiredto reachV1 , and so assumes D 2000m
and v D V1 D 90 m/s.

The margin of safety in the stopping distance would need to be
larger than the length of the aircraft so that the uncertainty in the
estimation of stopping distance can be conservatively chosen as
1s D 150 m. From GPS a typical speed uncertainty determined
using constant speed trials is 1v D 1:12 m/s.

Substituting these values into Eq. (5) yields a conservativemax-
imum acceptable uncertainty in the measurement of deceleration:

1a D 0:101 m/s2 (6)

Although a lower speed can apply to many aircraft, the runway
lengthshouldbe consideredvery conservative.In many caseshigher
uncertainty may be acceptable.

Experimental Investigation
A NovAtel 3151RE GPS receiver capable of collecting pseudo-

range measurements at a rate of 20 Hz was selected for use in the
test apparatus. The receiver logged position and velocity at 10 Hz.
The velocity measurement from the GPS receiver in the test appa-
ratus was derived from time differentiation of position or carrier
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Fig. 3 Speed and acceleration of a test vehicle derived from GPS data
in the presence of SA.

phase Doppler measurements owing to the manufacturer’s propri-
etary algorithm, and the acceleration measurement was a � ltered
time differentiation of this velocity measurement, obtained using a
Kalman � lter. In this Kalman � lter the third derivative of position
is considered to be a random process. This is of course untrue but
is a reasonable approximation of the dynamics.

In state-space form the system dynamics
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and the observer
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form the foundation of the Kalman � lter. This � lter requires identi-
� cation of the variance of the two random variables. The measure-
ment noise is easily approximated during constant speed trials as
later discussed. This leaves one variance, that of the process noise,
to be chosen.

Figure 3 shows the speed of a vehicle obtained from a GPS re-
ceiver in the presenceof selectiveavailabilityand accelerationcom-
putedusing the Kalman � lter. This measurementof accelerationcan
be compared to a more traditionally obtained measurement.

Testing has been undertaken to verify the accuracy of the accel-
eration measurement derived from GPS data. The apparatus con-
sisted of a vehicle-mountedGPS receiver, a bank of accelerometers
mounted with parallel axes of measurement, and a data acquisition
system. The vehicle was rail mounted with no suspension system.
Four identical accelerometers provided a con� dent measure of ac-
celeration. The data acquisition system collected these data at a
rate of 20 Hz, electrically synchronized with the GPS receiver’s
collection of raw pseudorange. During constant-speed trials, the
accelerometers were used to determine the slope of the rail sur-
face so that the in� uence of the gravity vector could be calculated.
This slope information was cross matched with geographic loca-
tion through the use of differential GPS. Twenty constant-speed
trials were conducted, yielding a reliable measurement of slope.
This method of accounting for rail slope implicitly accounts for any
bias errors present in the accelerometers. During trials where the
vehicle speed varied, the accelerometer data were corrected for the
in� uence of minor pitch changes by subtracting the known slope
at the instantaneous position. Both measurements of acceleration
were � ltered using the same algorithm. The GPS-derived accelera-
tion measurement was then compared with acceleration data from
the bankof accelerometers,after accountingfor the effect of gravity.
This is shown schematically in Fig. 4.

Fig. 4 Block diagram of data-processing technique.

Fig. 5 Comparison of GPS-derived and accelerometer-derived
measurements of the acceleration of a test vehicle.

The use of redundant accelerometers afforded the possibility to
obtain increased con� dence in the measurement of acceleration.
The four accelerometersused in the experimental apparatus agreed
with one another very well. The covariance matrix describes how
the data collected from each sensor vary with one another. In com-
pletelyuncorrelateddata off-diagonalvalueswould be zero. In com-
pletely correlated data all values would be equal. For the collected
accelerometer data a covariance matrix

cov D
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1:776 1:779 1:775 1:776

1:775 1:775 1:779 1:773

1:772 1:776 1:773 1:779

3
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was determined.
It can be concluded that the accelerometerdata, while being vari-

able with a standard deviation on the order of 1.33 m/s2, were
highly correlated. This demonstrated that the accelerometer data
represented a con� dent measure of the acceleration of the vehicle
component to which the accelerometerswere attached.

Figure 5 shows a comparison of the GPS-derived acceleration
with that from the accelerometers for one of 10 trials where speed
was varied. Other trials yielded similar results. Although both mea-
surements of acceleration were � ltered in exactly the same manner,
there is clearly no superiority in the accelerometermeasurement. It
had been expectedthat, given the care with which the accelerometer
data were corrected,the GPS-derived accelerationwould be notably
time delayed and contain noise. Conversely, it would appear that
in those instances where the vehicle acceleration was steady and
most similar to what might be expected of a large aircraft the two
measurements are in agreement.

Figure 6 shows the calculated difference, for the same trial, be-
tween the two measurements of acceleration. This does not repre-
sent the error in the GPS-derivedmeasurement,as the accelerometer
measurement also lags the “real” acceleration because of � ltering.
The standard deviation of the difference is 0.054 m/s2 . This falls
well within the established conservative maximum uncertainty of
0.101 m/s2 . Closer analysis shows that the calculated difference
falls within the maximum uncertainty over 90% of the time.
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Fig. 6 Difference between GPS-derived and accelerometer-derived
measurements of acceleration of a test vehicle were within 0.10 m/s2,
90% of the time.

With regard to the dynamic range of this investigation, the accel-
eration and speed associated with aircraft takeoff and landing are
typically larger than those investigated. In the investigation speeds
in excess of 10 m/s were not experienced,and accelerationwas typ-
ically 0.5 m/s2. This difference in dynamic range should have little
effect on the accuracy or resolutionof the GPS-derived speed mea-
surement,which is governedby jerk. Because it is dependenton the
ratio of speed accuracy to the change in speed, the corresponding
accuracyof the accelerationmeasurement should improve at higher
accelerations.

Conclusions
It has been demonstrated that the GPS is able to provide a mea-

surement of vehicle speed that is suf� ciently reliable to determine
acceleration with an uncertainty of under 0.10 m/s2 . This accu-
racy should be achievable for acceleration in excess of 0.5 m/s2.
Clear advantages in using GPS over the more conventional sensor,

an accelerometer, include insusceptibilities to the gravity vector,
vibrationaldisturbances, and temperature � uctuations.

A GPS-derivedaccelerationtogetherwith speedand runwayposi-
tion can be used to determine the instantaneousstoppingdistanceof
an aircraft during takeoff or landing. A system capable of perform-
ing this operation could form an integral component of a landing
and takeoff performance monitor.

Acknowledgments
The volunteersat the Saskatchewan Railway Museum kindly do-

nated their time in support of this project. Doug Bitner of the Uni-
versityof SaskatchewanControl Systems Laboratoryoffered timely
adviceand technicalguidance.Daniel Aspelof TR Labs, Saskatoon,
providedcollaborativetechnical support.Their efforts are sincerely
appreciated.

References
1Transportation Safety Board of Canada, “TSB Statistical Summary,

Aviation Occurrences, 1996,” Minister of Public Works and Government
Services, Ottawa, Canada, Feb. 1997.

2Wagenmakers, J., Aircraft Performance Engineering, Prentice–Hall,
Upper Saddle River, NJ, 1991.

3Sully, P. R., “Take-Off Performance Monitoring Systems—Review and
Prospects,” Flight Research Lab., Inst. for Aerospace Research, National
Research Council of Canada, Ottawa, Canada, 1993.

4Spilker, J. J., “Overview of GPS Operation and Design,” Global Posi-
tioning System: Theory and Applications, Vol. I, edited by B. W. Parkinson
and J. J. Spilker, Jr., AIAA, Reston, VA, 1996, pp. 29–56.

5Van Dierendonck, K. J., Cannon, M. E., Wei, M., and Schwarz, K. P.,
“Error Sources in GPS-Determined Acceleration for Airborne Gravimetry,”
Proceedings of the Instituteof NavigationNationalTechnical Meeting, ION,
Alexandria, VA, 1994, pp. 811–820.

6Psiaki, M. L., Powell, S. P., and Kintner, P. M., Jr., “The Accuracy of the
GPS-Derived Acceleration Vector, A Novel Attitude Reference,” Proceed-
ings of AIAA 1999 Guidance, Navigation, and Control Conference, 1999,
AIAA, Reston, VA, pp. 751–760.


